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Problem | Subproblem Constraints Problem | Subproblem Constraints
m=3 m=5
/s ° 1 point on free line i ° 1 point on each free
$ ° . ° with 0 in one coordi- line with 0 in one co-
o o nate o _fo o e o o ordinate
“1,1,2) 4,1,0,2) 3,1,2,1) (3,1,0,0)
m=3 m=5
° ° 1 point on free line ° ° 1 point on each free
. ° . ° with 0 in one coordi- line with 0 in one co-
o o nate e\o o e o o ordinate
4,0,1,4) (4,0,0,4) 3121 (3,1,0,0)
m=3 m=5
. 1 point on each un-
2 ° 1 point on each free ° ° P )
. . . used (free and adja-
line with 0 in one co- . . .
. cent) line with 0 in
° o o °© o o ordinate ° o |o © o o .
one coordinate
3131 3,1,0,0 31,13 3,1,01)
m=3 m=6
° 1 point on each free ° ° 1 point on each free
line with 0 in one co- 74 line with 0 in one co-
© o o ordinate ° ° o o ordinate
(3,13,1) (3,1,0,0 (3,0,3,0) (3,0,0,0)
m=3 m=6 )
° ° . . o ° 1 point on each un-
1 point on free line .
. . . used (free and adja-
with 0 in one coordi- . . .
cent) line with 0 in
o o0 o o0 o nate © ) © (<] .
one coordinate
(3,1,1,5) (3,1,0,5) 3,0,1,4) (3,0,0,1)
m=4 ) m==6
1 point on each un- .
o ® e . o o 1 point on each free
o o| | used (free and adja- . . .
. . . ° ° line with 0 in one co-
° ° cent) line with 0 in .
o o . ° ° ordinate
one coordinate
“1,1,1) 4,1,0,0 @131 21,01
m=4 ) m=7 )
° ° 1 point on each un- 1 point on each un-
. o o .
used (free and adja- used (free and adja-
¥ . cent) line with 0 in \ R cent) line with 0 in
Qo o . .
one coordinate one coordinate
(3,0,1,5) (3,0,0,1) 2,0,2,4) (2,0,1,0)
m=5 ) m=7 )
1 point on each un- 1 point on each un-
[o] [¢] . Q Q .
° ° used (free and adja- used (free and adja-
° ° cent) line with 0 in \ R cent) line with 0 in
(o] (o] . .
one coordinate one coordinate
4,0,1,2) (4,0,0,0) (2,0,1,6) (2,0,0,2)

Table 6: List of non-minimal subproblems with overconstraint subsystems after elimination of the given subproblem. More

details can be found in Example C.1 which is the first entry of this table.
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(p!, p?,17,1%), algebraic degree

g0 o o o
o o (o} o}
O jof o o
(0,0,9,0), 36 1,0,4,7),6 (1,0,5,5),23 (1,0,6,3),23 (1,0,7,1),15 (2,0,0,12), 4 (2,0,1,10,6  (2,0,1,10),16  (2,0,2,8),4
(e} o} o o o (] ° ° e}
o o o o o (] o ° °
(2,0,2,8),12 (2,0,2,8),16 (2,0,3,6),2 (2,0,3,6),9 (2,0,3,6), 15 (2,0,3,6),17 (2,0,4/4),9 (2,0,4,4),12 (2,0,4,4),13
® P ® ° o (o] o [} (o]
o o o o & ° ° et ~ e & o o o o
(2,05,2),8 (2,0,5,2),9 (2,0,6,0),7 (3,0,09),4 (3,0,0,9),4 (3,0,0,9),4 (3,0,0,9), 10 (3,0,0,9),10 (3,0,0,9),12
o ° o o I} ° o o °
Na— m——
o o o o) o o (o} o o o Lo} o (o} o) o 15} %} Q
(3,01,7),2 (3,01,7),7 (3,0,1,7),2 (3,01,7),7 3,0,1,7),10 3,0,1,7,11 (3,0,2,5),2 (3,0,2,5),5 (3,0,2,5),7
o} o ° ° o ° v & -
o [} (e}
° ° o o ° ° ° ° ° o o ° o o o
(3,0,2,5),8 (3,0,2,5),9 (3,0,3,3),6 (3,0,3,3),6 (3,0,3,3),6 (3,04,1),3 (2,1,0,10), 4 (2,1,0,10), 4 (2,1,0,10), 4
° o (e} o} (o} ° [} o} (e}
(o} (e} [} e} (o} o (e} o (e}
o o o o o] o o o o
(2,1,0,10), 4 (2,1,0,10),10 (2,1,0,10),10 (2,1,0,10),10 (2,1,0,10),10 (2,1,1,8),2 2,1,1,8),7 2,1,1,8),10 2,1,1,8),2
o} (o} o (o} o o o [} o
e} o e} e} (e} o o o o
o o ° o o o o o °
(2,1,1,8),7 (2,1,1,8),10 (2,1,1,8),10 (2,1,1,8), 11 (2,1,2,6), 2 (2,1,2,6),5 (2,1,2,6),5 (2,1,2,6),5 (2,1,2,6),5
e} (e} o o ° o o ° o
e} o o o o o [} o
(o} e} o} (o} o e} Q 9] °
(2,1,2,6),5 2,1,2,6),5 2,1,3,4),2 (2,1,34),2 2,1,3,4),2 2,1,3,4),2 (21,4,2),1 (2,1,4,2),1 (2,1,5,0),1
o e} o o o] o Q o Q
[} (o] 0 Q [o] [¢) o ¢} o}
[
° ° ° ° o o (o] ° °
o ° ° ° ° ° o o °
(4,0,0,6),2 (4,0,0,6),5 (4,0,0,6),2 (4,0,0,6),5 (4,0,0,6), 6 (4,0,0,6),5 (4,0,0,6),7 (4,0,1,4),3 (4,0,1,4),5
o ) ° ) (o} ° 1%} [0}
() ° [} °
° ° ° °
o o o [ o/ 0 o o o o o o e 0/ o e
(4,0,1,4),5 (4,0,1,4),6 (4,0,2,2),3 (4,0,2,2),4 (4,0,3,0),3 (3,1,0,7),2 (3,1,0,7),2 (3,1,0,7),2 (3,1,0,7),2
o ° ° ° ° o o e 1}
o o\ o o o e o o @ ® o @ o o o O o o o o o © o @ 0 o o
(3,1,0,7),2 (3,1,0,7),5 (3,1,0,7),5 (3,1,0,7),5 (3,1,0,7),5 (3,1,0,7),2 (3,1,0,7),5 (3,1,0,7),6 (3,1,0,7),5

Table 7: Minimal problems with their associated degree.
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(pf, p4,1/,1%), algebraic degree

) o ° o ° ° o ° o
o o o o o o O o @ o o @ 0 o o oo o © o @ o o o o\ o o
(3,1,0,7),6 (3,1,0,7),6 (3,1,0,7),2 (3,1,0,7),5 (3,1,0,7),2 (3,1,0,7),5 (3,1,0,7),5 (3,1,0,7),5 (3,1,1,5),1
(6} o o o o o o o °
e/ 0 e e\ o\ e o o0 . e © o e o 0 e @ o e @ o \e @ o e 0 "0 e
(3,1,1,5,1 (3,1,1,5),2 (3,1,1,5),2 (3,1,1,5),2 (3,1,1,5),3 (3,1,1,5),3 (3,1,1,5),3 (3,1,1,5),3 (3,1,1,5),3
o ° ° (e} o ° () o °
@ o o o o o © o o ° o o) ° o o) © o o) ° o o) @ o o o o o
(3,1,1,5),4 (3,1,1,5),4 (3,1,1,5),4 (3,1,2,3),1 (3,1,2,3),1 (3,1,2,3),1 (3,1,2,3),1 (3,1,2,3),1 (3,1,2,3),1
° o [ ° o
° ° ° ° ° . © ° < ° " .
° o o o o ° ° o
o N ° o ° o ° °
o o™e o [} [} o o] ° o <]
(3,1,2,3),1 (5,0,0,3),2 (5,0,0,3),3 (5,0,0,3),4 (5,0,1,1),3 (4,1,04),1 (4,1,04),1 (4,1,0,4),1 (4,1,0,4),2
o o o (e} [¢] o o o (6]
o o o o o o o o o
o ° ° ° ° ° o o °
° o o ° o o ° ° o
e} o o [} 1¢] [ o o [
(4,1,04),1 (4,1,0,4),2 (4,1,0,4),3 (4,1,04),3 (4,1,0,4),3 (4,1,0,4),2 (4,1,04),3 (4,1,0,4),3 (4,1,0,4),3
° 0 1) o ° . » h i
[°) [} [} [S) [}
° ° ° 5} ° ° o . P
] o o ° o
o o ° e o © o @ © o @ © o o © o o
(4,1,1,2),1 (4,1,1,2),1 (4,1,1,2),2 (4,1,1,2),2 (4,1,2,0),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1
o ° ° o ° ° o o °
9 o o o i} i} o o o
o o (6} 5} o} o 5} Q (o} ° o o o o o} ° o o} ° o o} ° o o o o o
(3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1
° o ° ° ° o ° ° °
o o o ) o o o o L
° o
o o o o o o o} o o o o o o o o (o} o o (o] o o o o o . o
(3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (3,2,0,5),1 (6,0,0,0),3
° ° o o o o e} o o
b d o o ° o o o o
° 5 o4 . o . o . ° . ° . ° ° °
o ° o o ° ° o
o ° o o
° ° [¢] o ° o o 1} o
(5,1,01),1 (5,1,0,1),2 (4,2,0,2),1 (4,2,0,2),1 (4,2,0,2),1 (4,2,0,2),1 (4,2,0,2),1 (4,2,0,2),2 (4,2,0,2),1
(o} [¢]
o [}
o °
° °
(s} o
o °
(4,2,0,2),1 (4,2,1,0),1

Table 8: Minimal problems with their associated degree.
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(p!, p4,1/,1%), algebraic degree

' ° o o o °
X
o 0 o v
o o e » ° - o » % v
(L036)2  (1,044),25  (1,052),30  (1,060,12 30072  B007,2  B007,8  3007,10  (3015)5
° ° ° ° * ° o e o
o o (<]
* ] * o o ° o ° ° ° o ° o ° v/
(3,0,1,5), 6 (3,0,1,5), 10 3,0,2,3),4 (3,0,2,3), 6 (3,0,2,3),7 3,0,3,1),3 (2,1,0,8),2 (2,1,0,8),9 (2,1,0,8), 2
e ) ° 1<) <] <] <] o °
o o o o o o o o o
o o o o ° ° <} <} °
(2,1,0,8),9 (2,1,0,8),9 (2,1,0,8),10 2,1,1,6),5 (2,1,1,6), 10 (2,1,1,6),5 2,1,1,6), 10 2,1,1,6),11 2,1,2,4),3
o ° °
o o o ° ° ° o R R
© o o o o o o (o) o
(6} o o 1o} ° ° ° ° ° ° ° °
(2,1,2,4),3 2,1,2,4),3 2,1,2,4),3 2,1,3,2),1 (2,1,3,2),1 2,1,4,0),1 (5,0,0,2), 2 (5,0,0,2),3 (5,0,1,0), 2
° o o ° o ° ® b d
o o o o o o
° ° ° ° ° ° ° . .
° ° ° ° ° ° °
[} o ] ° [} ° © o . e e o e
@103,1  (4103,2  ©4103,2  (4103,2  (4103,3  ©4103,3  GLLD,1  (G204,1  (3204),1
o ° ° o o ° ) ° °
1} o o o o o o o o
© o o © o o © o o o o o o o o o o o o o o o o o o o o
(3,2,0,4),1 (3,2,0,4), 1 (3,2,0,4),1 (3,2,0,4),1 (3,2,0,4),1 (3,2,0,4), 1 (3,2,0,4), 1 (3,2,0,4), 1 (3,2,0,4),1

Table 9: Minimal problems with their associated degree.
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(p!, p4,1/,1%), algebraic degree

o <} o ° o x
o ° ° ° °
o o <}
° ° ° ° °
° <] 0 ° o e 0 o
(1,0,3,5),6 (1,0,4,3),35 (1,0,5,1), 20 (4,0,0,4),3 (4,0,04),4 4,0,04),7 (4,0,1,2),3 4,0,2,0),2 (3,1,0,5),2
o o o (o] o ] (o] (o] o
o o o © o o © o o} o o o o o o} © o Q © o o ] o o o o e}
(3,1,0,5),2 (3,1,0,5),2 (3,1,0,5),4 (3,1,0,5),6 (3,1,0,5),6 (3,1,0,5),4 (3,1,0,5),4 (3,1,0,5),5 (3,1,1,3),1
° ° °
@ o0 o o\ 0 e o 0 o
(3,1,1,3),1 (3,1,1,3),2 3,1,1,3),2
° o o ° o ° ° - >
\ o o
(] e (o} o o o o o o o o] ° o o o o]
(3,0,0,6),3 3,0,0,6),5 (3,0,0,6), 12 3,0,1,4),5 (3,0,1,4),8 3,0,2,2),3 (3,0,2,2),4 (2,1,0,7),5 2,1,0,7),5
° o ° o o ° ° °
o o] o o o o o o
o ° ° <] o ° <] o
2,1,0,7),10 (2,1,0,7), 10 2,1,1,5),7 (2,1,1,5),7 2,1,1,5), 10 (2,1,2,3),1 (2,1,23),1 (2,1,2,3),1
° ° ° ° ° ° °
o ° ° o o ° o
(2,0,0,8),3 (2,0,1,6), 10 2,0,2,4),9 (2,0,2,4),20 (2,0,3,2),6 2,0,3,2),9 (2,0,4,0),3
>
o o .
(1,03,4),10  (1,0,4,2),38 (1,0,5,0), 8
(0,0,6,0), 114

Table 10: Minimal problems with their associated degree.
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